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FOURIER TRANSFORM PAIRS

Pair
Number x(0) X(f)
1. I1I <£—> 7 sinc(7 f)
2. 2W sinc(2Wr) I1 (i)
2w
3. A (%) 7 sincX(1f)
’ 1
4. exp(—at)u(t),a > 0 « ¥ jomf
1
5. texp(—at)u(t), o« >0 m
& B e 2a
- CXP( altl)’ a aZ + (2,“_]‘)2
2 12
7. exp(—at?) \/%exl)(_ﬂaf )
8. 3(r) 1
9.1 3(f)
10. 3(r — ) exp(—j 2mft)
11. exp(j2m fy1) 3(f—f)
12. cos 2 fyt B(f = fo) + B + 1)
1 1
13. sin 2 fyt z_ja(f—fo)“z_jﬁ(f'*‘fo)
14. u(t) G2 )~ + B(f)
15. sgn(z) (Jjmf)™!
16. = —j sgn(f)
wt
R x(\) .
17. %) = “Lo A J sgn(f)X(f)
8. > 8~ mI) AR VRS ANAE o
Note: sinc u = Ll
mU
Ly =12
B el= {O, otherwise
s M=
= {O, otherwise



FOURIER TRANSFORM THEOREMS

» Name of
Theorem Signal Transform
1. Superposition axy(2) + apy(t) aXi(f) + a:X,(f)
(a, and a, arbitrary
constants)
2. Time delay x(t — 1) X(f) exp(—j 2mf1,)
3a. Scale change x(at) la]~'X 7
3b. Time reversal' x(—1) X(=f) = X*(f)
4. Duality X(z) x(—=f)
Sa. Frequency x(t) exp (27 fyt) X(f — fo)
translation
5b. Modulation x() cos 2 wfyt X(f = fo) + X(F + 1)
: - a"x(1)
6. Differentiation o (727 £)"X(f)
T
7. Integration j x(t') dt’ (j2m /) TIX(f) + 3X(0)3(f)
8. Convolution f x)(t — ¢ )xy(¢) dt' X()X,(f)
= j x,(t )x(t — 1) dt’
9. Multiplication x1()x,(2) J X\(f = %) af'

-0

- | xoxe-na

-0

1x(#) is assumed to be real in 3b.
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School of Electrical and Computer Engineering

ECE6604 Personal & Mobile Communications
Final Exam
Fall 2012

Monday December 10, 2:50pm - 5:40pm

e Attempt all questions.
e All questions are of equal value.

e Open book, open notes, exam.



1) Consider a linear time-invariant channel having the impulse response
gt,7)=0(1) +20(1r — 1) + (7 —2711) .

a) (4 points) Derive a closed-form expression for magnitude response of the
channel |T'(f,t)| and sketch showing all important points.
b) (2 points) Repeat part a) for the phase response of the channel /T'(f,t).

c) (4 points) What is the mean delay and rms delay spread of the channel.



2) A flat Rayleigh fading signal at 5.9 GHz is received by a vehicle traveling at
80km/hr. Assume a 2-D isotropic scattering environment.

a) (5 points) Determine the number of positive-going zero crossings about
the rms value that occur over a 5s interval.
b) (3 points) Determine the average duration of a fade below the rms level.

c) (2 points) Determine the level crossing rate and average fade duration at
a level of 10dB below the rms value.



3) Suppose that an uncorrelated binary data sequence is transmitted by using BPSK
with a root-Gaussian amplitude shaping pulse

Hy(f) = (rem07?)"”

a) (4 points) What is the transmitted power density spectrum?

b) (3 points) Find the value of 7 so that the power density spectrum is 20 dB
below its peak value at the Nyquist frequency 1/27, where T is the baud

duration.
c) (2 points) What is the corresponding time domain pulse h,(t)?

d) (1 points) Assuming that a filter matched to h,(t) is used at the receiver,
will this pulse result in intersymbol interference? Why?



4) One method for improving the capacity of a cellular system is to employ a two-
channel bandwidth scheme, where a hexagonal cell is divided into two concentric
hexagons as shown below. The inner hexagon is serviced by half-rate channels,
while the outer hexagon is serviced by full-rate channels. When a mobile station
crosses the boundary between the inner and outer portions of a cell a handoff
occurs.

R,

/2

Suppose that the full-rate channels require C'/I = 7 dB to maintain an accept-
able radio link quality, while the half-rate channels require C'/I = 10 dB.

Assume a fourth-law path loss model and suppose that the effects of envelope
fading and shadowing can be ignored. Consider the reverse link and suppose
that there are 6 co-channel interferers at distance D from the serving base
station. It follows that the worst case C'/I when a mobile station is located at
distance d from the base station is C'/I = (D/d)*/6.

Hence, a C/I = 7 dB requires a 7-cell reuse cluster with D/R, = 4.6, where R,
is the radius of the outer cell.

a) 2 marks: Find the required value of D/R, so that C'/I = 7 dB in the
outer cell, where R; is the radii of the outer cell.

a) 2 marks: Find the required value of D/R; so that C'/I = 10 dB in the
inner cell, where R; is the radii of the inner cell.

c) 3 marks: Use the values of D/R; and D/R, to determine the ratio of
the inner and outer cell areas, A;/A,. Use the exact area of a hexagon in
terms of its radius.

d) 3 marks: Let N; and N, be the number of channels that are allocated
to the inner and outer areas of each cell, and assume that the channels
are assigned such that N;/N, = A;/A,. Determine the increase in cell
capacity (as measured in channels per cell) over a conventional one-channel
bandwidth system that uses only full-rate channels.



5) Consider a communication link operating over a channel with propagation path
loss exponent 5 = 3.5 and a shadow standard deviation og = 8 dB.

a)

b)

4 marks: Consider the case of two adjacent cells. A mobile station is
transmitting at its maximum power and is located exactly on the cell
boundary between the two base stations. In the absence of shadowing, the
received power level would be equal to the receiver sensitivity, Srx, i.e.,
the mobile station is located at distance d,,.x from each base station.

Now assume that shadowing is present and a soft handoff algorithm is
used, such that the least attenuation link is always selected. The shad-
ows experienced on the two possible links are independent. If an outage
probability of 10% is desired for the given mobile station location (aver-
aged over a large ensemble of realizations), what is the required margin
(Mghaa — Guo), where Mg is the required shadow margin for a single
isolated cell and Gyo is the soft handoff gain?

2 marks: What is the value of Gyo?

4 marks: Repeat parts (a) and (b) assuming that the mobile is located on
the boundaries of and equidistant from three base stations, i.e., the mobile
station is located at distance d,.x from three base stations.



